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Abstract

In spectral Turan theory, the spectral radius of a graph is regarded as an important parameter for
measuring its global density. In this paper, we study the stability of triangle counts under the spectral
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Turan threshold. Let G be a simple graph on » vertices whose spectral radius satisfies

A(G) > ﬂ{Kﬁ;Hn J] , where Kf', :1 [ J denotes the graph obtained from the complete bipartite graph

n
)
2

2

2 [

2

K. -, byaddingone edge inside the larger part. We prove thatif G contains atleast one triangle
HH
and no single vertex lies in all triangles, then for sufficiently large n, the total number of triangles
in ¢ admits a linear lower bound. More precisely, there exists a constant ¢>2 independent of
n, such that the number of trianglesin G isatleast n-c.Thisresultprovides a stability strength-
ening of previous spectral triangle-counting results. The proof combines triangle counting ine-
qualities, bipartite approximation techniques, and comparisons of spectral radii of extremal
graphs.
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