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Abstract

Let P (n) denote the largest prime factor of a positive integer »n, with the convention P(l) =1.

We investigate the asymmetric generalized divisor sum under a one-sided friability constraint,

D(a,b; X, y) = Z 1, where a and b are distinct fixed positive integers. Uniformly in the
n”m"Sx,P(n)Sy

range exp{(log log x)s/ 3+€} <y<x, we derive asymptotic formulae uniform in y by combining
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Hildebrand’s uniform estimate for the distribution of friable integers with Dirichlet’'s hyperbola
method and Stieltjes partial summation. When « > b, the resulting expansion contains a leading

term involving a truncated Euler product and a secondary term involving ¢ (b/ a) .When a<b,the

absolute convergence of the m -sum yields a single main term together with an error term. The
difference between these two cases arises from the fact that the friability constraint is imposed only
on the variable n.
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